Chen and Zhong Journal of Inequalities and Applications (2017) 2017:277 ® Journal of |nequa|itie5 and Applications

DOI 10.1186/513660-017-1552-3

a SpringerOpen Journal

RESEARCH Open Access

CrossMark

New results on reachable set bounding for
linear time delay systems with polytopic
uncertainties via novel inequalities

Hao Chen'?" and Shouming Zhong?

"Correspondence:
chh0308@126.com

School of Mathematical Sciences,
Huaibei Normal University, Huaibei,
235000, China

2School of Mathematical Sciences,
University of Electronic Science and
Technology of China, Chengdu,
611731, China

@ Springer

Abstract

This work is further focused on analyzing a bound for a reachable set of linear
uncertain systems with polytopic parameters. By means of L-K functional theory and
novel inequalities, some new conditions which are expressed in the form of LMIs are
derived. It should be noted that novel inequalities can improve upper bounds of
Jensen inequalities, which yields less conservatism of systems. Consequently, some
numerical examples demonstrate that the authors’ results are somewhat more
effective and advantageous compared with the previous results.

Keywords: reachable set; polytopic uncertainties; Lyapunov-Krasovskii (L-K)
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1 Introduction

It is well known that reachable set estimation was first researched in the late 1960s for
state estimations. The reachable set is a hot issue since the time due to its important and
wide application in the design of controller and aircraft collision avoidance and peak-to-
peak gain minimization problems. The reachable set of dynamic differential systems with
delay and disturbance is a set that contains all the reachable trajectories from origin by
outside peak input values [1-4]. In the real world, as for dynamic systems, there are two
phenomena that cannot be avoided: time delays and uncertainties [5-15]. In fact, delays
and the coefficients of differential equations in modeling progresses are obtained only ap-
proximately [16—18]. There are already some relevant outstanding results about reachable
set estimation of dynamic systems. However, we think it is necessary to obtain a more
tighter bound for a reachable set.

As pointed out in [16—20], an equation of one class can be transformed to an equation
belonging to the external form of the other class. Thus, it is natural to classify the equa-
tions according to the properties of operators generated by the equations. In this paper,
uncertain polytopic delayed linear systems with disturbances will be studied.

All the results about reachable set bounding are in the term of linear matrix inequali-
ties (LMIs). The authors give an ellipsoid condition of the reachable set for linear systems
without any delay [5]. The authors Fridman and Shaked improved the model [21]. They
studied the linear systems with varying delays with peak inputs and got LMIs conditions
of an ellipsoid by using the Razumikhin theory. After that, Kim got a more exact condition
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by constructing the modified Lyapunov-Razumikhin functionals [22]. Combining the de-
composition technique, Nam derived a modified reachable set bound [23]. Actually, the
reachable set is not an ellipsoid and it is only a closed set. Zuo et al. gave a non-ellipsoidal
bound of a reachable set for linear time-delayed systems by the means of the maximal
Lyapunov functionals and the Razumikhin method [24].

It should be noted that discrete delay is varying 0 < t(¢) < r in most previous literature.
That is, the lower bound of discrete delay is 0. In fact, t(¢) varying 7,, < t(t) < Ty may
describe the delay more exactly. In order to control the behavior of the system better, we
hope to propose tighter reachable set estimation. Park, Lee and Lee proposed some novel
inequalities which can be used to estimate integrations [25]. Therefore, those inequalities
can be employed to estimate some integration terms of Lyapunov functionals for dynamic
systems. Motivated by the above mentioned discussions, we consider the linear time-
varying delay systems with polytopic uncertainties. Using novel inequalities, we derive
a modified reachable set bound for the linear system with discrete delay t,, < t(¢) < ar.
Moreover, four examples are given to demonstrate the effectiveness and advantage of our
results.

In this paper, the used notations are listed as follows. Real matrix P > 0 (> 0) denotes
that P is a symmetric positive definite matrix (positive semi-definite). Superscript ‘I’ is
transposition of a vector and a matrix; * means the elements below the main diagonal in a
symmetric block matrix; I is an identity matrix; ‘=’ in tables means that there is no feasible
solution for linear matrix inequalities.

2 Preliminaries
Consider uncertain polytopic delayed linear systems with disturbances in the form

2(t) = (A + AA)z(t) + (D + AD)z(t — (2)) + (B + AB)w(2), »
1
z(t) =0, te |-t 0],

where z(t) € R" is a state vector; w(t) € R” is outside disturbance. A, AA € R"™", D, AD €
R™" B, AB € R"™™. A, D, Bare known matrices. AA, AD, AB are uncertain matrices. t(t)
is time delay.

Discrete delay t(¢) and disturbance w(t) are assumed to be as follows:

T < T(8) < Tars 0<t(t)<p<l,

wl (e)w(t) <w?,

where u, w,, are constant.
The uncertainty parameter matrices are expressed by a linear convex-hull of matrices

Ai’ Bl' and Di
N N N
AA=Y"0:A;,  AB=) 6t)B, AD =" 0,(t)D;
i=1 i=1 i=1

with 6;(¢) € [0,1] and Zf\il 0;(t) =1, Vt > 0. A;, B; and D; are known matrices.
In order to obtain reachable set bounds for a linear dynamic system, we state some useful
lemmas and some novel inequalities firstly.
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Lemmal ([26]) Asfor the well-defined integral fab((tg) f(t,s)ds, the following relation known
as the Leibniz rule holds:

b(t)

d ) a
a . f(t s)ds = b)f[t,b(t)] - a(t)f[t,a(t)] + /m Ef(t’ s)ds.

Lemma 2 ([25]) For a positive definite matrix R > 0 and a differentiable function {z(u)|u €
[a, b]}, the following inequalities hold:
G-a [ TRy dsz 7 | "R ORI
. =l 1R |
9R -3R 24R -60R
b
9R -36R 60R
b- T ()Rx(s)dsdd > &7 | © ,
( “)/a FORDBAOZE | L lor —se0r |
* * * 720R

b b 6R 6R —24R
/ / 2T(s)Rz(s)dsd6 = € | + 18R —48R | &,
a0 % % 144R

where

$1T=(bfaf s, s f/ dsde)
& = (zT(b),z (@ / ) ds s / f Z(s) dsde)
£l = <ZT(b),ﬁ/asz(s)ds,ﬁ/a /0 zT(s)dsd9>.

Lemma 3 ([5]) Let V be a Lyapunov function for system (1) with w™ (£)w(t) < w?,. If

VeaV - —wl(Ow) <0,

m

then V <1.

3 Main results

In this section, we will firstly consider a reachable set for uncertain parameter matrices
AA =0, AD =0, AB=0 in system (1), namely,

2(¢) = Az(t) + Dz(t — ©(2)) + Bw(?), z(t) =0, te[-h0]. (2)
After that, we will consider a reachable set for uncertain system (1).
If 7, < T(t) < T, T(8) < 1 < 1, we get the reachable set bounding for dynamic system

(2) in Theorem 1.

Theorem 1 If there exist appropriate dimension matrices P> 0, Ry >0, R, >0, Q1 > 0,
Q, >0, M; >0, My >0, M3 > 0, appropriate dimensions matrices Ny, Ny, and a scalar
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a > 0 such that the following inequality holds:

(@11 P12 P13 0 P53 P 0 Py Py 0 P11 Pri]
* (oD 0 0 0 0 0 0 0 0 Dr11 Do
* *  B3zz3 P3g Pz 0 D3z Pz 0 DP3p0 0 0
* * * Dya 0 0 Dy7 0 0 D410 0 0
* * * * D55 0 0 Dsg 0 0 0 0
O = * * * * * Dgp 0 0 [OF) 0 0 0
* * * * * * (ol 0 0 710 0 0
* * * * * * * Dgg 0 0 0 0
* * * * * * * * [O2Y) 0 0 0
* * * * * * * * * D10 10 0 0
* * * * * * * * * P11 Pure
L * * * * * * * * * * P12 12|
<0, 3)
where

Oy =aP+PA+ATP+ Ry + My — 9™ Q) — 127" M,
12 ™MM; + NyA + ATN] + ATNiA + ATN] A,
®yy = PD + N,D + ATN,D + ATN]' D, P13 =3e0™Q,,
5 = —24e™MQy — 12 M,,  Dig = —12e MM,
g = 60e*™Q; + 48e ™ M,,
D9 =48 MMz, @y =-N, —A'N] —ATN,
®,12=PB+N,B+ATN;B+ ATNB,
) = —(1— p)e ™M, + D'N\D + DTN D,
®, 1, =-D'NT - DTN, ®, 15 =D'N\B+D'N!B,
D33 =€ "Ry — e YRy — 9e ¥ Qy — 9eT¥MQ,,
D3y =3e79MQ,, D35 = 36 ¥ (Q, Dy; = —24e74™MQ,,
B35 = —60e 2™ Qy, d3 19 = 60e7*™MQ,,
Dyq = —€ MRy — 9e7¥MQ,, D47 = 36e7Y™MQ,, Dy 10 = —60e70™MQ,,
D55 = —192e747" Qr — 36 " M,, ®sg =360 ™ Qq + 96" M,,
Dge = —36€ MMz,  Dgg = 96 *™MMs,
77 = -1927*™MQ,, Dy 19 = 360eMQ,,
dgg = —720e ™ Q; — 288e™*™ M,
o9 = —288e UMMz, D19 = —720e*™MQ,,
1111 = (1) * Q1 + (tar — Tw)? Q2 + Ny + N, ®1112=-N1B-N[B,

D1 = _14% +B"NB+ B'N/B.

m
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Then the reachable sets of system (2) are bounded in a ball B(0,r) = {z € R"|||z| < r} with

1
r= 7m (4')

Proof Construct the Lyapunov-Krasovskii functional

6
Viz) =) Vilz),

i=1

where

Vilz,) = 2" (£)Pz(2),

t t—=Ttm
Va(z,) = / 02T ()R z(s) ds + / e 02T ($)Ryz(s) ds,
t-

—Tm t—Ttp

t
Vy(z) = / 50T (\My2(s) s,
t—t(t)
0 t
Va(z) = T / / e D:T(5)Qi2(s) ds,
—Tyy J 40

—Tm t
V(z) = (= ) [ / T s,
—-TM t

+

t t t
Ve(zs) = / / / eS0T () Moz(s) ds do d
t—1, JO JA

t t t
+ f / / 03T (5)Msz(s) ds do d.
t-tp JO JA

Computing the derivative of V(z;) of model (3), we have

Vilz,) = 227 (£)P2(t) = —a Vi (z,) + 227 (£)P2(t) + az” (£)Pz(2)
= —aVi(z) + ez’ (£)Pz(t) + 22" ()P(Az(t) + Dz(t - T(¢)) + Bw(t)), (5)
Va(ze) = —aVa(z) + 27 () Ruz(t) + e ™27 (¢ — 1) Roz(t — Tr)
— e 2T (t = T, )Rzt — T) — € “™MZT (¢ — 1) Roz(t — T), (6)
Va(ze) = —aVa(ze) + 27 (OMyz(t) — (1 - 1(8)) e D27 (¢ — T(8)) Muz(t - 7(2))

< -—aVs(z) + 2T (OMiz(t) — 1 — p)e ¥™MzT (t - t(t))Mlz(t - r(t)), 7)

Va(z) = —aVa(z,) + 1227 () Qiz(t) — T / 02T (5)Quz(s) ds

=T,

t
< —aVi(z) + 227 () Quz(t) — e ™1, f e 927 (5)Q2(s) dis. (8)
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By using Lemma 3,

Valz) < —aVa(z) + 12" () Quz(e)
9Q1 -3Q1 24Q1  -60Q
* 9Q1 —36Q1 6OQ1

_ e %t T ,
SH . 192Q, 3600, |

* * * 7200,

where ¢ = (27 (), 27 (¢t - T), ft onZ s)ds, 3 = ft o fg (s)dsd6),

Vs (z)

t-T,

= —aVs(z) + (tm — 1) 2" () Qo2(8) - (tar — T) f " 03T (9)Quz(s) ds

<-aVs(z)

—Tm
+ (tar = T) 2" () Qa2(8) — €™ (tas — T,) / 027 (5)Quz(s) ds.
t=tpm
By using Lemma 3,

Vs(z:) < —aVs(z) + (tar — Tn) 2" () Qa2(2)

9Q; -3Qy 24Q, -60Q,

—aty T * 9Q2 _36Q2 60Q2
- ™g, &2
* * 192Q; -360Q,
* * * 720Q,

where

¢y = <ZT(t ), 2T (= Tin),

1 =T, 1 t—Tm =T,
/ Z%(s)ds, —2/ / ZL(s) dsd@),
™~ Tm t—tp1 (TM - Tm) t-tpr JO

Ve(z,) = —a Ve(z,) + %rié(t)Mzé(t) + %tj%,[é(t)Mgé(t)

/ / 22T ($)Myz(s) ds do — / / @021 (5)Msz(s) ds d
t—tm t—tm

< aVila) + 3 HOMAAE) + 2 EhHOMsH0)

’“’”’f / )My z(s) ds db
=Ty

e ™ / S)M3z(s) dsdb.
=t

Page 6 of 13

)

(10)

(12)
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In the light of Lemma 3,

Ve(z:) < —aVe(z,) + %r,ifz(t)Mzé(t) + %rf,[é(t)Mgé(t)

[6M, 6M, —24M, |
—2e el |« 18M, -48M, | &3

| * * 144M, |

[6M;  6M; —24Ms; |
—2eMeI | w 18Ms  —48M; | Ly, 13)

* * 144M3_

where

£ = (zT(t),i / s)ds, — / f dsd@)
Tm Jt Tm =T
1 t

T_ (. T * T 1L T

& = <z (1), o /[_TMZ (s)ds, 2 /t-rM/(; z (S)de@).

Certainly, the following equations hold:

2(—2(2) + Az(2)
+Dz(t - (1)) + Bw(t)) 1(=2(2) + Az(t) + Dz(t — ©(¢)) + Bw(t)) = 0 (14)
22T ()N, (—fz(t) +Az(t) + Dz(t - r(t)) + Bw(t)) =0,

where Nj, N are matrices with appropriate dimensions.
Through (5)-(7) and (9)(11)(13)(14), one gets

Vi(z,) + Va(ze) + Va(z,) + Valze) + Vs(z,) + Vi(ze) - M%WT(t)W(t)

<-aVi(z) —aVa(z) - aVi(z) —aValz) — aVs(z) — aVe(z) + ¢ T ()DL (2).
That is,

Viz) - %WT(t)w(t) <—aV(z)+ T ()DL ).

m

Then one has

Viz) +aViz) - %WT(t)wu) < cTODL(8), (15)

m

where

cT<t)=[zT(t),zT(t—r(t)),zT(t—rm)z (t - tar), — / " T9ds

1 [t 1 =
— z7(s)ds, / s)ds, 2/ / z7(s)ds db,
™ — Tm t—T\m t—Tm

/;IM/ (s)dsdb, ——— (Tm—Tm) t;;m/ s)dsdo,zT (t), wT(t)]

For (2) holding, we get V + oV — W%WT(t)W(t) <0.
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Thus, according to Lemma 3, one has V(z;) <1.

It is easy to see
2 (O)Pz(t) = Vi(ze) < Vilz) + Valze) + Va(ze) + Valze) + V() + Ve(ze) = V(z0).

Furthermore, by using the spectral property for symmetric positive definite matrix P,

we get
Jmin(P) 20| < V(2. (16)
Therefore, ||z()|| < r = —=— due to (16). O

Amin (P)

Next, let us consider the polytopic uncertain linear system (1). Reachable set bounding

of system (1) is got and stated in Theorem 2.

Theorem 2 If there exist appropriate dimension matrices P > 0, Ry >0, R, >0, Q; > 0,
Q2 >0, My >0, My >0, Ms > 0, appropriate dimensions matrices N1, Ny, and a scalar
a > 0, such that the following inequalities hold (i =1,2,...,N):

(@1 P P13 0 D5 D 0 Dy Dyy; 0 Dy DPraai |
* @22,‘ 0 0 0 0 0 0 0 0 @2 11i ¢2 12i
* *  Pz3; B3y P35 0 D3y Py 0 D3 0 0
* * * ¢44,‘ 0 0 @47,‘ 0 0 @4‘105 0 0
* * * * Dss; 0 0 Dsg; 0 0 0 0
P = * * * * *  Dg; O 0 D 0 0 0
LT * * * * % * CI>77I' 0 0 ‘1)7,10,' 0 0
* * * * * * * Dgg; 0 0 0 0
* * * * * * * * Dyy; 0 0 0
* * * * * * * * * D0 10i 0 0
* * * % * * * * * * CDH 11i ‘bu 12i
L * * * * * * * * * * * D15 10|
<0, 17)
where

;= aP; + PiA + A) + (A +A)TP; + Ry + My — 9e™™Q, — 12~ My — 126%™ M,
+No(A+A) +(A+A) Ny +(A+A) Ni(A+A4) +(A+A) N (A +A4),

®1y; = P(D +D;) + No(D + D;) + (A + A) ' Ni(D + D;) + (A + A) "N (D + D),

13 =3 Qy, D15 = —24e 7 Qy — 12e 7 M),

Dyg; = —127 M Ms, D1g; = 60e°™Q; + 48¢ ™™ M,,

Pro; =48 MMz,  Dypi=-Ny - (A+A) N —(A+A) Ny,

®; 19, =Pi(B+B;) + No(B+B) + (A+A)'NiB+ (A +A)'NT(B+B)),

Dy = —(1— p)e ™M + (D + D) "Ny(D + D;) + (D + D;) "N (D + Dy),

Dy 11, =—(D +Di)TN1T —~(D+D)'Ny, ®y 19: = (D+ D)TN1B + (D +D,-)TN1TB

B33, =e ™Ry — e “" Ry — 97 Qp — 97V MQy,
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D34 = 3e7*™MQy, D35, = 36677 Qy, D37, = —24e7*™MQy,

D35 = 60" Qy, @310, = 60e™™MQy,

Dygi = —e MRy — 97 M(Qy, ®y7; = 36MQy, Dy 10, = —60e™*™MQy,
@55, = —192e %" Qq — 367" M,, Bsg; =360e7 ™ Q) + 96 ™ M,,

Dgi = —36e MM, Dgo; = 96 ™M M3,

D7y = —192e7™MQ,, D7 19; = 360e™MQ,,

By = —720e7™ Q, — 288¢~ ™ My,

Dygg = —288e™ ™M M3, D19 10; = —720e7*™MQy,

D11 = (Tm)2Q1 +(tm — Tm)2Q2 +Ni + NlT, D119, = -Ni(B + B;) —NlT(B +B)),

CD12 12 = —Mjiz + (B + Bi)TNl(B + Bl) + (B + Bl)TNlT(B + Bl)

m

Then the reachable sets of system (1) are bounded in a ball B(0,r) = {z € R"|||z|| < r} with

1 ,
r=——, i=12,...,n (18)
)\min(Pi)

Proof In progress in Theorem 1, replacing matrix A by Zﬁl 0i(t)(A + A;), matrix B by
Zf\il 0;(£)(B + B;), matrix D by Zﬁl 0;(t)(D + D;), one can easily get the conclusion. a

Remark 1 In this paper, the discrete delay t,, < 7(f) < 7 is of a more general scope than
0 < 7(¢) <1 considered in [1, 27, 28].

Remark 2 The novel inequalities in Lemma 2 lead to tighter bounds than the Jensen in-
equality. By means of novel inequalities in Lemma 2, to estimate integral terms in Lya-
punov functionals, better bounds for a reachable set are proposed in this paper.

Remark 3 To compute the smallest bound of a reachable set for linear dynamic systems
(1), we solve the optimization problem for a positive scalar § > 0:

A |
min § (6 = —)
)

. (@) P>l
s.t.
(b) inequality (2)/(17) in Theorem 1/2.

(19)

Remark 4 The novel inequalities in Lemma 2 may be used to study the reachable set

problem for a linear neutral system, even for a non-linear neutral system.

Remark 5 In references [2, 21, 22], they used conventional Jensen inequalities —(h2 —
) [ 27 (s)P2(s)ds < (7, z(s) ds) TP ft 2 2(s)ds) and ~3(hy — I)? [0 [0 27 (s)

Rz(s)dsd@ < —( f ftiehl 27 (s)dsdO)R f ft_hl z(s)dsdf) to estimate a single inte-
gral and a double mtegral respectively. However, in this paper, we use inequalities in
Lemma 2.2 to estimate the bound of a single integral and a double integral. Obviously, the
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bound in this study is more accurate than those in references. Therefore, the conservatism

in our work is less than the existing ones.

Remark 6 It should be noted that if there are more accurate inequalities to estimate the
bound of [”z7(s)Rz(s)ds, [ 27 (s)Rx(s)dsdb, [” [} 27 (s)R(s) ds d6, there is still room for

further improvement of the proposed results to reduce the conservatism of systems.

Remark 7 Some literature works researched the stability of second order delay differen-
tial equations; see, for example, references [29-33]. In the future, reachable set bounding
for second order delay differential equations may be a hot issue, and methods similar to
those in this paper may be used to estimate reachable set bounding for second order delay

differential equations.

4 Examples
In order to compare the obtained results with those in the literature, we provide several

numerical examples in the following.

Example 1 Consider the uncertain time-varying delayed system in [22, 27]:

-2 0 -2 0 -1 0
A+A1= , A+A2= ) D+D1= ’
0 -07 0 -11 -1 -0.9

-1 0
-1 -11

(20)

-0.5
D+D2=[ } B+B1=[1:|=B+Bz, wl (&)w(t) <1.

We consider two cases for discrete delay 7(£): 0 < 7(¢) < 0.7, 7(f) <p <land 0 < 7(f) <
0.75, t(t) < j1 < 1. Let i be different values, we compute §’s by using optimization problem
(19). The computed &’s are listed in Table 1 for the forward case and in Table 2 for the
backward case. From Tables 1 and 2, we know that the proposed result in Theorem 2 is

tighter than the ones in references [22, 27].

Table1 &’sin Example1for0<7(t) <0.7, T(t) < n

"
0 0.1 0.2 0.3 0.4 0.5 0.6 0.9
[22] 297 3.30 3.85 4.85 6.93 12.84 53.86 -
[27] 1.89 1.94 2.00 2.08 2.19 235 2.60 351
Theorem 2 1.38 1.51 1.59 1.63 1.70 1.81 1.94 2.05

Table2 &’sin Example 1for0 < 7(t) <0.75, T(t) < i

"
0 0.1 0.2 0.3 0.4 0.5 0.6 0.9

[22] 3.34 3.79 453 5.88 8.85 18.36 127.70 -

[27] 228 235 245 257 2.68 2.85 462 557

Theorem 2 1.27 1.32 1.36 197 2.09 2.17 2.54 3.22
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Table3 &’sin Example2for0 <t(t) <0.1,T(t) < n

Method [21] [22] [2] Theorem 2
8 - - 2.8686 x 10* 7.0825
Table 4 Computed r's of Example 4 for different values of T with u =0

T

0.1 0.3 0.5 0.7 0.9
[8] /083 /128 V/1.94 /2.90 /446
[4] /0.74 4/0.92 V/1.36 /230 /351
[10] /0.68 4/0.80 +/0.97 /1.64 /322
[2] /0.66 +/0.75 /0.94 /161 /314
[3] /0.66 +/0.75 /0.94 /161 /314
[22] 0.66 +/0.75 /0.94 161 /314
Theorem 2 0.57 0.68 0.81 143 210

Example 2 Consider the following uncertain model in [2, 21, 22] with parameters:

0 -0.0936 0 -0.1464
A+ Al = ) + A2 = ’
1 -0.685 1 -0.245
01 -0.35
D+D1= =D+D2, (21)
0 0.3

-1
B+B; = |: ) :| =B+ By, uw=0, T, =0, T =0.1, wl ()w(t) <1.

When p are different values, we solve inequalities (19) to get §'s for 1,, < T(t) < T,
7(¢) < u with 7, = 0, 73y = 0.1. To compare with the results in [2, 21, 22], we list computed
results by using Theorem 2 in Table 3. One can see that there are no feasible solutions by
employing the methods in [21, 22], and one can see easily that the proposed method has

more application area.

Example 3 Consider the following delayed system (3) with parameters:

. -2 0 -1 0 -0.5
z(t) = |: o _0.7:| z(t) + |:_1 _0'9:| Z(t—(0) + |: ) ] w(t), (22)

and wT (t)w(t) < 1.

By using the method in Theorem 1, we list computed r’s for different values of t(¢) with
= 0 in Table 4. We can see that bounds computed in this paper are tighter than those of
references [2—4, 8, 10, 22]. Of course, it decreases the conservatism of systems.

Example 4 Consider the following uncertain delayed system:
) -2 -1
A+A = 0 , A+A, = 0 , D+D = 0 )
0 -07 0 -11 -1 -0.9
(23)

-1 0 -0.5
D+D2:|:1 11] B+Blz|:1}:B+Bz, wl ()w(t) <1,
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Figure 1 The reachable set of Example 4. 151

0.5

15 I I I I I i
-15 -1 -0.5 ] 0.5 1 15

and time delay 0.1 < 7(£) < 0.7, u = 0.7. The reachable set of system (23) is plotted in

; . _ [ 12692 —0.4984
Figure 1 with P = [70.4984 07255 ]

Remark 8 In the reference [29], Domoshnitsky discussed the stability of more compli-
cated linear neutral systems with uncertain coefficients and uncertain delays. In further
work, we will study reachable set bounding for this type of linear neutral systems.

5 Conclusions

Firstly, we study uncertain linear systems with polytopic parameters. By using L-K func-
tional and novel inequalities to estimate integral terms in L-K functional, some novel suf-
ficient conditions for a bounded reachable set of uncertain systems are obtained. Then, we
use some examples to show that our methods in Theorems 1 and 2 are effective and have
less conservatism compared with reported conditions. Furthermore, the method in this
work may be extended to compute a reachable set of linear neutral systems, and it may

even be used to deal with stability of linear systems and non-linear systems in the future.
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